R0OzDZIAL 9

CALKI NIEOZNACZONE

ZADANIA

Zadanie 9.1. Korzystajac ze wzoréw na calki elementarne oblicz:
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Zadanie 9.2. Korzystajac ze wzoréw na catkowanie przez czesci oraz przez podstawienie oblicz:
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Zadanie 9.3. Sprowadzajac nastepujace calki do catek postaci / 152 oraz / \/%7332 oblicz:
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Zadanie 9.4. Oblicz nastepujace catki funkcji wymiernych:
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Zadanie 9.5. Oblicz nastepujace catki trygonometryczne:
(a) /sinQ(Bx)dx; (e) /sin5 xd; (i) /sin(?)as) cos zd;
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Zadanie 9.6. Oblicz nastepujace catki:
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ODPOWIEDZI

Zadanie 9.1. (a) to* — 22345z +1In 2|+ C; (b) 22° —2 2+ (c) 222 —4zi 4+C; (d) e+ +C;
(e )—ctgx—tg:r+C’; (f) tgz — ctgz + C; (g) 2o — isinz + C; (h) —ctga —a + C.

Zadanie 9.2. (a) —2cos% + C; (b) —3e* + C; (¢) 1tgbr + C; (d) —i(S — 22)% + C;
(e) 2a?lna—12?+C; (f) elna—2+C; (g) 1 In’z+C; (h) L 1 In(2?+1)+C; (i) 2% sinz+ 2z cos x
—2sinz + C; (j) In|sin z| %1— C; (k) La?arctgr — fa + %arctgx +C; (1) ln\smx! + In|cos x| + C;
(m) =L lnz—2+4C; (n) —ez+C; (0) —ae *—3x?e " —6ze " —6e *+C; (p) 3¢*(sin z—cos x)+C;
(q) zarctgz — 1 In(1 + 2%) + C.

Zadanie 9.3. (a) sarctg? + C; (b) arcsinZ + C; (c) § arctg % + C; (d) %arcsin% + C,
(¢) SIn(2? +4) — arctg 2 + C; (f) z — arctgz + C; (g) arctg(z + 2) + C; (h) arcsin “* + C;
(i) arcsin 52 + C;

Zadanie 9.4. (a) 5|22 + C; (b) LIn|%5 + €5 (o) §a + 2 + 4z + 8lnfa — 2| + C;

(d) 123 — 9z + 27arctg L4 C; (e) 12® + Shnfa® — 8] + C; (f) n &2+ €5 (g) m AL + ¢
(h) La2 4 de+1n B0 05 () Infa(z— 1)+ -2, +C; () 1n(|x+1|W)+c-( ) In Yol — L

||
+arctga + C; (1) § In|*2 ‘—i—C m) =+ 11n|Z ‘+C n) ln|2= ‘—farctgw—kC

x+1 z+1

Zadanie 9.5. (a) 3o — £ sin6z + C; (b) 3z 4+ 4sinz + sin 2z + C; (¢) ssin’z — Lsin’ 2 + C;

(d) 8$—§SIH4SE+C,( e) —sin'wcosz—3 cos® x+1 cos® +C; (f) sinz cos® x— 2 sindw+ 32+ C;
(g) —sinz — =—+C; (h) 3 Injtgz|+C; (1) —5 cosdx — } cos 22+ C; (j) 57 sin 12z +  sin 22+ C;

(k) stg® 2 +tgL+Inltg2|+C; (1) 2 —tg2 + C.

Zadanie 9.6. (a) 2f—3\f+f—61n( + Yx) + C; (b) —x —4y/x — 41n|1 — /2| + C;
(c) %(5,34_5)% (x+5) 24C; (d) — (7—fx)3+C (e) In|r+v/22 + k|+C; (f) In|o—3++/22 — 62 + 15|

C; (g) %ac\/3527+2kln|ac—|—\/z27\—+—07 (h) 2In|z—1+v2? — 2z + 5|+1(z—1)v2% — 2z + 5+C;
(i) Lz +1)V2z + 22 — Loz + 1+ v2z + 22| + C.



